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. number ? best : 43
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7. C. = ( ( e) and no -_ no(E) s- t . TFH n≥ no
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Def- ; ( Chr . threshold) The chromatic threshold of a graph H is

8×(1-1) : = inf { ✗ C- [0,1 ] : 7- C. (1-1,2) s.t.tn - vx H- free graph G

with 8cg ) ≥ an ⇒ ✗ (G) ≤ c }
n - vx

That is
, V- ✗ < 5×(1-1)

,

the Chr
.
# 4-

a
H - free graph wy mindeg ✗n

could be arbitrarily large ; while when 2>8×(1-1) , then the
chr . # is necessarily bounded
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• Construction of dense D- free graphs w/ large Chr
.
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,
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(Kneser graph) The Kaeser graph KG(n,k ) has vertex

set ✓ = (%) and two uxs S , T are adj if snT=∅
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.
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Thy ( Lovész) ✗ ( Kanin ) = n- 2k -12
.

V. vertex S C- (%)
,

if mins ≤ n - 2k
,
then

color s w ./ color mins .

(≤ ) [ i c- [ n -2k]
,

color all k -sets containing i
wt color i.

all

The remaining uncolored k - sets
,
lie in { n - oke . .

. -

,
n} ,

a set of size 2k
. 2h

The knew gr induced on this part !

?⃝÷5is a perfect matching , which is
2- colorable

.

• As a coneegwence . we obtain graphs w/ large car
.
# and

large odd girth ( ie . shortest odd cycle is long)

Take lack << m ,
consider KG / 2m -1k

,

m) .= G

- Louise ⇒ ✗ (G) = 2m -1k - 2m -12 = K -12

Not hard to see G has no short odd cycle .

In particular
,
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.
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• Take lawman ¥§- C ≈ KGGmtk.hn) C
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- -
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m

• 816) ≥ In - in =/5- MY IGI
.

° To show D- freeness
,

it suffices to share that tf UEA

N (u , C) is an indep. set . Wdog u c- V1

⇒ an all m- sets containing 1
,
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indep set as desired
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• For generic H
,
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,
ESS ⇒ 8×(1-1)=0
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- Allen - B8Hcher - Griffiths - Kobayakawa - Morris determines the

Chr
.
threshold 8×(1-1) for all H
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